F VIT:Typel. V[A:T — P]. {=(Vx:T. {A x}) < Ix:T.

BY (D O THENA Auto)
I\
| 1. T: Type

| = VIA:T — P]. {—=(Vx:T. {A x}) <— Ix:T. (- x))}
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BY (D O THENA Auto)

I\

| 2. A: T — P
F {=(vx:T. {A x}) < Ix:T. (=4 x))}
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Y RepeatFor 4 ((D O THENA Auto))
\
3. a(Vx:T. {A x})
F {3x:T. (=A x))}

|

BY (ClassicalContradiction THENA Auto)
|

4, = (3Ix:T. (=(A x)))
F {3x:T. (= x))}

|

BY D 3

|

3. =(Ix:T. (=(A x)))
F Vx:T. {A x}

|

BY (D O THENA Auto)

|

4, x: T

F {A x}

|

BY (ClassicalContradiction- THENA Auto)
|

5. = (A x)

F {A x}

|

BY D 3

|

3. x: T

4. —(A x)

F Jx:T. (= x))

|

BY (InstConcl [lx!]- THENA Auto)
|

F —=(A %)

|

BY Hypothesis

\

3. Ix:T. (=(A %))

F {=(vx:T. {A x})}

|

BY (ElimClassical THENA Auto)
|

F =(vx:T. {A x3})

|

(=(A x))}
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BY (D O THENA Auto)
|

4, Vx:T. {A x}

F False

|

BY D 3

x: T

. —=(A x)

. Vx:T. {A x}
False

— T od w—

BY (InstHyp [[x!] 5. THENA Auto)
|

6. {A x}

- False

|

BY D 6

|

6. xQ0: Unit
7. A x

- False

|

BY D 4

|

4. Vx:T. {A x}
5. x@0: Unit
6. A x

A x

I
BY Hypothesis

\

1
2
3
~
|

2. A: T > P

3. {x:Unit| - (Vx:T. {A x}) <= Ix:T. (=(A X))}
F Ax € {x:Unit| - (Vx:T. {A x}) <— Ix:T. (=(A %))}

BY Auto

. T: Type

LA T > P

. {x:Unit| -(Vx:T. {A x}) <= Ix:T. (=(A x))}
Ax € {x:Unit| = (Vx:T. {A x}) <= 3Ix:T.

BY Auto

(=(a x)}



