F VI[T:Typel. V[A,B:T — P]. {3x:T. ((A x) = (B x)) <— (Vx:T. {A x}) = (Ix:T.
|
BY Auto

1. T: Type

2. A: T —- P

3.B: T — P

F {3x:T. ((Ax) = Bx)) < (Vx:T. {A x}) = (Ix:T. B x))}

RepeatFor 4 ((D O THENA Auto))

4, Ix:T. ((A x) = (B x))
F {(vx:T. {A x}) = (3x:T. B x))?}

BY RepeatFor 2 ((D O THENA Auto))
|

5. Vx:T. {A x}

F {3x:T. (B x)}

|

BY D 4

x: T

(A x) = (B x)
. Vx:T. {A x}
{3Ix:T. B x)}

Y (InstHyp ['x!] 6. THENA Auto)

. {A x}
{3Ix:T. (B x)}

—TN—W—To 0k, —

|

7. A x

F {3x:T. (B x)}

|

BY (ElimClassical THENA Auto)
|

F 3x:T. (B x)

|

BY (InstConcl [[x!]- THENA Auto)
|

B x

|

BY D 5

A

| 5. Vx:T. {A x}

| 6. A x

| - A x

[

2 BY Hypothesis

Vx:T. {A x}
A x
B x

|
B
|
|
|
|
1
|
|
|
|
1
|
|
|
|
|
|
1
|
|
|
|
1 BY (ExposeClassical THENA Auto)
|
|
|
[
1
|
|
|
1
|
|
|
1
|
|
|
|
|
1
|
|
|
|
| B x

T ~N o o

(B x))}



| |
1 BY Hypothesis
\
4. (Wx:T. {A x}) = (Ix:T. (B x))
F{3x:T. ((Ax) = B=x))}
|
BY (ClassicalContradiction THENA Auto)
|
5. =(3Ix:T. ((A x) = (B x)))
F{3x:T. ((Ax) = B=x))}
|
BY D 4
I\
| 4. =(Ix:T. ((A x) = (B x)))
| - Vx:T. {A x}
[ 1
1 BY (D O THENA Auto)
[
| 5. x: T
| - {A x}
[ 1
1 BY (ClassicalContradiction THENA Auto)
[ 1
| 6. =(A %)
| - {A x}
[ 1
1 BYDA4
[ 1
| 4. x: T
| 5. (A %)
| F 3x:T. (A x) = (B x))
[ 1
1 BY (InstConcl [lx!]- THENA Auto)
[
| H (A x) = (B x)
[ 1
1 BY (D O THENA Auto)
[ 1
| 6. A x
| - B x
[ 1
1 BYDS
[ 1
| 5. A x
| - A x
[ 1
1 BY Hypothesis
\
4, —(3Ix:T. ((A x) = (B x)))
5. Ix:T. (B x)
F {3x:T. ((A x) = B x))}
|
BY D 5
|
5. x: T
6. B x
F {3x:T. ((Ax) = Bx))}



|

BY (ElimClassical THENA Auto)
|

F 3x:T. ((A x) = (B x))

|

BY (InstConcl [lx!]. THENA Auto)
|

F (A x) = (B x)

|

BY (D O THENA Auto)

|

7. A x

F B x

|

BY Hypothesis



